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A mono¥onici‘-3 on‘Sumen]' FQV'ISE}'GC\

over x oaond Y . Yunclion -V .Sc.\"usf’aes
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Consider in )rr'lons\e

(This is derived {rom AvG26/EWD 338 dd. 22
Feb. 1984

Square brackets denote universal qucm\ﬁ()ic«a}ion

[X<§j = ?.xd:) <F3.x]

We observe

(o)
{ p<q = q>p§
[cj)x = s).td.x >€x.‘-j]
{c\'\anae dummies X,b = b,x’;
[x>r3 = (’.x.b > Qﬁ.x]
{Pa‘ur-wise c\'uS'Junc\'lm with (0)_‘,
P<q vV p>q = p#Fql
Cxdy = fry# fgx]
{contrapositive {
L x =5 gfrxb = ?.ta.x]
{Le.[bﬂ'l?_: tx::b = rkbsz)(]k
tx=b = ?Xb-.:()(:’x]
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We were -\omj‘n\~ Jwe Yheorems

“The sides opposite o equal angles are equol  or
lex=p = a=b) (2)

“The oma\e§ ?P?__"sﬂ'e }o eo‘ual sides are equod" o
[e=p « a=)] | )

he ¥ bolh were
Seome\-riccx\ Pmo?s using Ccmsruen\* -\mc\ng)es.

’Pr‘Of‘ Ao ‘“\o\}' i+ had Q\readj been 5\'\own hot
o?poﬁ\'e 1o Yhe \o.rae.r‘ oms\e fies the ]o\fjer side,l.e.

[o&<($ = Q<\ol i ()

The _Hneorems were vaed seFaro\¥eb

>

Consider nowo, -F)or ?’axed ¢ , & end b
()cm chons o? < and @ . Tor reascnms o?
Sywwm edr o s the some {)'-mc"'w o (o@D

as b s o? ((5,«3, i.e, -Vor some we have

G = @CX.Q ond b= ?.@.oc

Subs\"l\m\"mb iz in () we see Yo} Yhis
sq\-is{)ies (0) , hence , on accoun} o? (4 we
'nrmmec\io\\e\.:J Be} ., as \osiCa\ Cemseguence

L o<=($ = oa=b)

i.e. the cum'’ unchemn o? (2) o e\ (3) . the Seome\'ri-

CQ\ Proo?s w'n“m Jr\ne co-ngmen¥ )n-‘mnﬁ)es o\‘gi_rsu,oer-
@uous. “The pfoogs were on ob@gsco}'\mf i



EWDI0K -2

A s‘:m’m\o.r Podr o? theorems is

“On isosceles '\r'mng]e has Jwo o.n‘s\e bisectrors o?
eciual \eng\'\q " ond

"9} ‘T’l&ng\e MH"\ ‘\"N'O Osns\e \o‘usedors o? 9qua\ \enﬁﬂﬂ

~ - "
s isosceles

The one is considered eosy Yo prove. Ye other ome
d‘.(’e.«:uﬂ-. Thovrks Jo ¥he cbove bobth theorems are

subsumed in " The \ou:&er cms\e has Ythe shorrer
bisec\or‘. ", w\f\'lc\'\ ?o\lows ?rom Phe (’ormu\\& %r +he

lengrh o€ ¥he Wisector oc) X
a 2
V b-c-(‘l—(g;z) )

wh'uch s G decrec\sinﬂ @AnC\"lUn o? 2 N ana  Gan
‘mcreasins ()unc\-'mm of o

The obove Sugges\'s Yhat, in the way n which
Seome\'{j s '\o.ugh}, \os‘.c s underex?\oi\-ed.
H‘lsbric.o.\\:j understandcble, bul resre\-\-a‘o\e o.“
the same.
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