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Another Pn’“er' o(" Yhe YoP Inshlube

- o e B s o . e - A R e o om an S o W e e e

When we hove 1o characlerize o seb of’ adjacent
notural numbers Soy {‘2.,3,4,5’,6,?, 8, q, 103 .
we have four ophons, depending on whether +he

bounds are included or not:

Co) 1< X < 11
(h) 1< X £ 10
() 28 % <1
(d) 2§ % $10

Nolural numbers have the Pr‘operb Yot there
s a smallest no«l-ur‘o.\ number. T_Di{)ferenl- civili 2abions
have made c\iﬂ?eren\- choices «{-’or‘ Yot minimum
Volue; ‘For the classicc\l greelcs, {{ar ins*ance,
it wos 2| because, -f’or them, 1 was not o
number. (C‘onsequen’rb, Eudid had to introduce
o case analysis in the 'us}-‘rﬁca‘\-ion o? his Q\So-
rithm 'For the 3r~eo.}-e.s]- common divisor of two
humbers , viz. the case lhol the }wo numbers had
a common divisor versus the case thal -‘rhe\_(,
had not, ie were r‘e\c\‘:‘wel& Prime.)

This observalion mokes +the convention oP
excluding +the lower bound, as illustrated 'n
Ca) and (B) uwunattractive: 1? e range includes
the smallest nolural number —os Yhe exo\mp]e.
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would for He gree\cs—- tYhe convenhion o? excluding
the lower bound requires the in¥roduchion of
~an unnatural lower bound _as Yhe examPles
(e and (b) would do {)Dr the Greeks— . This

\s cer\-a‘m\j inelegant and hence we adopt the
Pr'mc'\]o]e OP inclusion of the lower bound.

S0 we are \eﬁ- with the choice belween ()
ond (d) . '_[F we include the wpper bound and
consider e generalization 2g<xsn | we see
thot for n=2 the ronge shill contains he vdlue
2 . '_[(’ we wish 4o represen’r Yhe emp‘tc:, range

s‘nr'm\('mj n  shl .Furjrher, it would require
n=1 , which would be very unnaturol For the
Greeks. In Seneral, Yhe convenkon oP includin
the upper bound requires Yhe inktroduchion OCP
an unnatural upper bound; since this s
cer}a"nlj inelegant, we adopt the Pr'mcip\e of’
exclusion o? the ngzer__bouLd,

In short, (D is the winner roanges of
natural numbers will be indicaled b\j

m g x<n

with notural kounds m and n , with mgsn.
Further advantages are

e the number op values in the range @quols
the e\i(—’ference o? the bounds

® i? the upper boound o? one ronge equoals he
lower Yound o(’ another ronoe, Yhe ranoes are
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con\-\'guous.

ﬁ-ﬂerf these Pri\immow inveshga\-ians we ask
ourselves how we characlerize the Qrs\- n
natural mumbers. Tor the classicel gree\cs
Yhis would be

2LLE<x<Nn+2 5

were we Yo adopl- the convenkon thal the noltural

numbers start oF 1, we would get the equally
ualy

1€ X < n+1
O\ov':ous\:j,

0L X<n

is the wmost e‘eao.n} -()or'mu\o.; i Corresponds
1o occeiﬂ-‘ms zero as the smealest nalural
number. (This choice has -‘f’ur‘\‘her— advan\'a\ges-)

And now Yyou know wh my mqnuscrip}s
stark with page 0. T} is r‘ea\b quite easy.
When writing o moanuscript, T have the com-
P‘G’}ed Pooes behind me, spread oul on the Qoor.
The number on each new page ?qua's Yhe number
O() ComP\e“eé Pages on l—he%c:or.
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