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":DePinino\ -Hqcﬁ qreo{l'es}- cormmon div-'nsor'
} v, >

Tn this nole, all variables are OF) 'l:jr"e'
notural number-’ “4 divides n "
Ry

1s denoted
dgn and defined by |
(0)

dEn =
from
(1)

’Proo£ We observe -{ér‘ arbi-}'r‘arj d
dcO
{ (O) with N:i= 03

<ac]:'. d'C‘ = 0)

{ :lﬂs;‘Qﬂ“‘iQ'}'}Oﬁ: q::-.. 03
de0 =0

{ zero I:ror;er}‘j}

truwe.

<3q:: C:]‘C? = n>

which  we .cledu.c:e

<Vd:: C\ c 0)

()

( End of Froof )
1 WOu}cl

like Yo stress +hat (0) is “only”
ot c}moice, but b

‘Par- the wisest one. Some-
one who is not attracted by iFs conse-
quence that 2ero has an unbounded number
o? divisors, mia\'\* , {Z}r' inS‘}'ance’ consicler
the alternative degn ition -F)or‘ eEn

(2q: qr1: d-q =n)

]
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Some']'hin Some PeoP]e MQ\(j have }\o\cl m
mingd Wwhen the netural numbers s+il)
started ot 1 . But the consequences

woul d be LAﬁO."}“l'rQC‘I'iVe R ‘F)or- loaws ]‘;ke
1En
dew Adcn = dg (m-n)

would ™o \onger‘ hold.

Tn the rest oF Jhis note we shall de-
note +he reotest common divisor o?_ X
and Y {J le (and their least common
Mu\JriP]e, F we need it b:j XT:,) His-
4oricallj, he “grectest common divisor’
1S Y‘iO'l‘ onl —H‘le nome OF "H"lo\“‘ Punc'}'tcm
b ut also ils \/erba\ de-?ini)rion-_ i? You
are interested, Say, n 12421, Hou
observe:

o  the divisors of 12 are {1,2,3,4,6,12]
o the divisors of 21 are {4,3,7, 01}

e Hheir common divisers are {193’}
* their 3rea]-eszl common divisor s D

{)’ﬂ\e most att roactive %rmo.l deﬁﬁi‘)‘iOﬁ
o xy i3 as +the Conly!) solukion r
W of J-Hwe eque ten J @
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2)  w: <‘v’2:: 2T W = zgx/\z_r_;tj>

Becouse we have — 0= AAR —

<Vz:: 20X = 2S8SX A 2C X>

and —not Frove.d here — Yhe solution OP (2)

IS unique, uwe have derjved

(3) xix = X {or any  x

But now we hoave 40 moke “p our
minds abou} olo ! QCcordinj ‘o
lhe verbal deﬁni')-ioh, olo s, on
account of? (1), Yhe 37‘2.0\4‘@5} noatural
humB@r, 1.2
i) olo is unde@ned , or, \oerhcv)—;s,
Gi)  olo = +eo )

Qccorc}inj o dhe -@Pmc\) de()ihi}ion,
which j‘aves TiSe —-J-o (3), we Concluc\e
¢iiiy  0lo =0

L )or-o ose Yo choase (i) , i.e. q-o
le} +he ormal c\eﬁ'ni'}'i on ]or‘ev‘oﬁ) , thus
e.nst»mr‘iﬂ:'?0 Jhe Siner‘c.] va\ic{f&j oF) the

laws Q Ou]" < such as

XTJ = XT (S-X)

XTO = ¥ , el-c.)
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/\?emqu OlO is +the onb case \where
verbal and ()orma] deﬁnﬂ-ion oliSQf)ree.
Tor XT& , Yhe least common MM”-iTple
QFJ X and Y the wmost attractive
-@rmal deﬁﬂi-\-ion s as the (onb!)

So\u*-ion (2)1‘ W o? ‘H‘\e eclb\a‘]‘ion

wi (Vzi: wgz = xgzx\bgz> ,

gOrn wkick xTx = % —and OTo=0 in
Po‘r\—icular“ {’o“ows. Note 1hal, when
we read den also as 'n is a mul

-H‘Ple c? d", 0To is }he onl case
w\qere verbal ond Formc.\ de ini¥}ion eree!

( End o-? /\Qemc‘rk.‘)
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