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Monoto nic'.\:j ond q'uqn\-i'&cQ }on

’PTEdica)fe "mnsﬁorme.r P 18 mcmo-\'on'-c means

XYY =21 PXx 2 £Y)

%* *
o

Le} Xi and shand e:,f Preclic.o.xes on sSome
Space S gr amJ i Prm - domc\En~D . —1}\% Xi
ond Y de?’me +wo Preclicoxes X and Y respec-

:‘:ea on %e Cor}esio\n Proc\uc} 5 x'D > cuccorc.linj

[X@/) = XI) Grad T D .

(Here, Hhe sSquare Em&c\s deno'\‘e u:ci\ferscﬂ qu\o.'n;'\_
@ca\-‘amﬁ over S’_-, X(T_/c) demnctes X With —i sub-
sx-\}w}ﬁd P.rr 1, Yhe ?or‘mo.\ C\e?‘m‘:)ﬂa—n o? w\\ic\n is

Ry IR 2@ 1T D
In -}\f\‘ss‘ no\'os;")vn I%’%\?] is deenec} \OD
Y%l—‘bq’l = (a‘l‘.'n .‘1‘9:'[>(-‘_"$\("]>

(ﬂccor‘dinj Yo our hobils and cw\veq\-‘.cms, Fhe
square bmc\«e\'s \n the \e?f—\vmnc\ si9e are over S xD,
HFose in ‘n‘le r33h¥-\10né side owr S )

We Araw Q})ren)'.cm Yo +he ?C\c)' ot univessal

quan)‘»ﬁco\'?m and ex‘\s)enha\ o\mn}ﬁ?’ncqhm are
\mono}tm?c , 1.e.

IX=%) = [0 Xi)=(Ri:Yi))
[% %Q\;] = [CE\ Xn) %(E; N Y.)3

ond
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(NO‘}Q 'H‘m» quan‘ﬁ?'nca)ﬁtm over ) represen\'s Ca Rnc—
Yo ?rcrm \')rcc\':ca'}es over S XD Yo Pf‘ec\"co}?s

over )

* %
ko]

Le} Xi shond ?crr‘ o Fred:mk on Seme space
(-\u-r Omb i ?ram Seme domain. We Yhen hove ?cn’*

ony L from Fhad domain
[CRi= Xi)= X1
hence we have ?ur rnonoYonic l? Lo oy T
LE@ XD = P(XD)
ond since Hnis hads for any T feom Yhe do-

moain, we Cd‘nc\ude %\’ h’\o'no'\!..rh':c ?
Y ?(B Vo X\) = (81 n ?(X\))} (o)

* »
*

Lek Y\'\ stond S?crr e Prec\icq\*e on Some space

%r any ‘ ?rom Some domoain. We nﬁen\nmc@.ﬂ‘
omn 3 éro-m ’pf)a\}* clomo\?n

Y3 =dE YY)
hence we have @rr monoctonic  h @rf ony J
Lh (Y3) = W (€5 )P)

ond since Hhis holds ?crr ony J g)rom Hhe deomain,
wWe€ Com c\uc\e. @u-r mono\ron?c.
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tor some obscure ressem , [vrmula  (4) s

kss well known Yhanm fwmu\a (0) . DBoth ?urmu-
lae are o? ’1mPor\'omce, Since +h c\“ouo us '*o
deal with )orec\':co}e. '}romsFurmers Whatr are mono-

X‘oroic \'au¥ o? N\‘hose. Junc“:v‘.\:j Fro‘Per)"aes we
\(nouo no“n'ms .

K| *
*

':Finq\‘l-.j, we combine these Ywo resulls . Let,
@r ony i Pro'm ’D; ond w:j .J ?f‘ow\ '12‘),

Zij be o Prec\}CG;’e on Some sSpace S .

Let -Hnen, g)or any [ Pl“a-rn ':D,, the Preclic:a)e

X be o Frediccﬁe on S X:DJ de?‘med b:j

[(X ;)(J/J)a- 2:J] R any J R ;.
QPFBMS (0) w\“\ @n‘ ex'lslen\"tc‘.\ quo«ﬂ\‘iﬁca}im\

over J --w\w'.c\w IS wmonoronic — Sie\c\s

LBy (Ris 2D = (A= (8 2D @)

Aliernalively, we could hove defined, fur any

| ?rtrm ’:D-, Yi de be o predicate o S.‘x:—D
go)is? n J J P X
IV (DAL = 215) Gr my T BB

ﬁ’f?bma C‘!} \m}r\-\ ?or ]ﬂ u-n'lversq\ quan\ﬁ?ico...

'\-‘ucm aver | —_ w)\\c\'\ s rnono}‘onic — Olso _3': e\c\s (2)
l-\ad we c\q O0Sewn »(’or h exishﬁ}'ia\ Q L M P:c.q hm—.
over i , we would have So}hn -?rcrm 1)

[CE\}::(Ei:: 2 'J)) = (Ei‘.-. (E_J 2 l\)))‘_)

?
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with pne. inverse ‘sm?\‘ma:\'acn \10\0\3?13 @rr reasons

OP S\jmme\'i\j, we 33\"
[(EJ <Ei:: ZaJ)) = (Eiz: (EJ 2 'J)>3 ,

e, exis)fen)‘\a\ uqn\-i@ca\"ims CO'IﬂnMv.)te. S'\mi\ar}j,
one can derive @'O'rn (b) 'H'ICA‘ unwersc] quan}i—
?ﬁca\ions c°mm\.«§‘e.
* *
7
No‘l‘c\\'ionq\ /R%qr\t. n ﬂne. in}m&uc\ﬁ'cm T had '}Q
c\':s%nsu‘as\m Be“w@% :&le Predic'.c.‘\'es X'\ on S

ond the predicste X on S xD |, with D lhe
é) i . 1 wrole the somewha} pom pous

domain o
TIXEMN=XTY) Ledd T ow D,
ne} quite daring to write the so much simpler

LX = Xi)

Hef‘e -]—\12 square brac\te\‘s deno"‘e universa\
O(MOm)"lFithUh over S x D . B }\'\\s s \ric\c .
We QFQ~S(J\.'PFQSEA Yo ‘understond “ —or: Yo "remevie
Yot X comboins i as ?ree voriable and we are
conGronted with  dwo Cc‘mE’-\‘\c}‘:nS ]n*erpre}c"}cms o?
Xi : -prr any i a Predica\-e— an N Versus o ?rech-
cote on S xD .

i
¢~

Whal we cdl “a Frediccﬂe on S’ s some-
‘\ln‘mj of) the \r:jpe
' S = \000\

N\’\iC\'\ S\'Qnds ?or o \Doo\eanqvalued exPres:s‘icm m
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in the coordinales o? S > -\r\nese COOTdiY\Q}’QS are
deemed '}o ]De Y'\Qmed,"\-\nouj\f\ 'H)e names )’)°\VQ
been le@ uhmen)ﬁcmecl..

Mhen we wr'a}e Yha} @»r oany ) @'Cﬂh "D ,
X i S]‘Gnds For a '}:)rec\ica}e. on Sﬂ , we Pm]oa\)}j
mean 'an}- X s a unc.}‘no-n o? r“‘-e )‘:ﬂae.

D — (S—’—) ‘DOQ‘)

Were Y 1o e.xPiodn % , 1 would Fm‘oobb
SO-\j ’H\o} 'l‘} WGS ‘Sme;k'lfzj o() 'n)e }-DPE

C:Di x S) 5 boal

2

'“ne Subscri‘o)r on D men"ﬁon'm H‘)Q name o? ')‘})e
Pree V‘Qria\o\e A -nﬁo«\- 1‘1{15 Gnﬁred 'nle \oeo\eon-
Va\uecl ea-:'fnr‘es*e:i<:-.-r\~ Shou\d we mol(e. a ‘I"\o}‘o}"l':mQ\

clis\-‘mc.‘-ian loe\lwee-n '\-\)e -\'wo En;er'?re)'cx\-icms o? Xi
and 'mdica}e, Fcr‘ ‘uns\'ance, ch.D\iciHU 'H'\e. coordino}e
with which Jhe space has been ex\-enclecl, €.9.

[X = GQorisin®D: X3)] 7
(Enc\ 0? NO‘G}iona\ /‘?emark.>
Turned ot to be o noklional ques\-icm‘.
/Plo“aans\'roa'} =Y 30 Jo.nuo-r 19384
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