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Recent! David gries drews my eHention
o the pre | e o() \orovmﬁ

(0) <E] X <‘v’j:: pPx = Pj» = <ax:-_]->.x> = <\":‘j Pj) ;

in  which all qu.o..n]-iﬁ‘ml:ions are understood to
be over the same range. As soon as L had
seen +the roblem, T Pu.‘!‘ David's text c“,qo,j

and +ac\<\ad 'H’\e ]'Drob]em m:jse\?. Iﬂ dO'H\S <O

1 hed o surprisej hence this litHe note.
* x *

Hfj SurPrise WQS,-}-\—\ch T hod 4o introduce
a. Ccase c»nalzj.si-s, as socon as 1 had decided

lo prove (0) b\j demoﬂs}ro';'inﬁ (1) and (2):
() (Ax: <‘v’:j:: X = Pj» <‘V’x,3:: P-x Pfj>
(Q) <3x:: PX> = <de Pj) = <\7’><,3:: P,x = PJ>

While ,because Pafses ‘Go.\sez true | (o)

defmi)re,? holds —@r‘ emfab r‘OmSes, (1) ond (2)
e —F)Os se r em‘ob roan es! So now we

know 4%0\}- in -H'\e. Proo S OF) (1) and CZ)
the non~emp4—ine55 o? the rc‘nﬁes has to be

used. We use (%oi? o?) the

Lemma. /’\‘"or' G\ﬂ.\-j cl ond ctu.an]"iﬁca}'ions over

-qu SamMme \"O.nse

1)
1l
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(3) <32:: qz) &= <V'Z:: q.'z> @;r‘ non—emp\y range
(4) {(F== q.z> = {Yz: q,‘z> for empb range
?’00? of (3) We observe (ér any g and Mon-
em]ol-:j range
Wz o|-2> = <3A=:: c[.2>

{Pr‘edico}e Co.\c:m\us; de ﬂo.*gan}
<32.:: 7q-2> v <'32.:: o,2>

{combin'}nj the -}'ermsj
{3z 192 Vv q.z)

{ @xclu ded m;‘dd\e}
<5]ZI: ‘;'ru.e>

{ r‘o\hge ﬂon—emp'}j}

+r'u,e.
<End of?mog o{) <3>>
:Er*oo() OFD (4) \/\]e observe @2““ O-Vl'j r—’ and

non-emP-}b l"anﬁ es

<3X::<V‘tj:: PX = . >>
= { A idem o+en-}P;U renaming the dummies}
(Fz: (\7’3 5P Py A (Y P2 = XD
P 9 | P
{ ranges  X,4.2 the same]

(Fzs (Viys (pz = pyd A (pz= podD

m

1l

]

il

i

= { leibniz; guankfications ore monotonic]
{J=z:: <V'X,fj‘-'- Px = py))

= { c[w;m}-;ﬁgd ConS}*an%g

_ <\7’><,n3:: P.x = FD} (.,,.)

{unneshnﬁs
SR <\r/§j:: px = P3>
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= {r‘onae x non~@v~n]:>3r . (3)]
<5>< i <\‘/3 i P.X = Pﬂ%>
First line |, the line marked (#) anda the

lest  line prove Lor ﬂon-empb ranges (1)

loj mutueal ]mP\i cation .

(EhCl o(’)/\?r‘oo%) of (1))

?roof 01() C2) We observe -@31" o‘r\:j P oo &

V‘!OT\-QM'P}‘J TGHSGS

<9X:: ,’)X> = <V:j P.‘j>

{mMI'M.Q\ 'lmplicc.l‘im_; romse nO”‘emP&j) (3>}
<3x-.: PX} => <\'/3 P:j>

{Pr‘eclico}e Ca\cm‘-uss

<\V/X,3:: P.x = P5j>

'{_ A idem o+en‘}; renaming the dummies
P 9
<Vx’:j:: P.X = Pj> N\ <\V/X,,_(jif P.b =D PX)
{c,omb'eninj -”’)e +erms; W\uxl'u.c;\ imFlic.c:,'}-;onj

<\F/X,b:: P.x = PD>
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and Yhus (2) hes heen )omveol @)r non-emp}j

r&o‘nges- , (Encl D?KPFUU’F uf(’l))
Rustin, 20 SePHzm‘oer 1996
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