EWD391-0
Mell-Gounded se¥s revisited

In Yhe (ollowing

(C.,<) is @ honempb Por\io\\:j ordered seb
*:Y ore elemen's o? c ,

S  is o subset o? C,

P,Q oare Preo\icq\-es on <,

whee S ond T or cmp\ecl \93
© Px = 1xe§ ,or S.—.—.{X\"I’PX.S :
As o result we have

€Y S= ¢ = (ax'.: ,PXB

“x 18 a m‘animo.\ C\Qmen* o? S” means

@) xeS /\(&3:3<X11D€S)
“C s We“"g)Ouﬂ&ed y meons ”Cmb ncmempb sub-

Se\‘ c? C CCm*o“ms o\ ‘m'mimn\ e\emen\'"-

]

Theorem O "C s we\\~?ouw:‘ied ”.._ ”Yno.“'\emo.‘io:q\
induchion over C s valid ‘o

“Vro of

”C s WQ“-(DOunC\ec\ ”‘

= {deﬁ n'\ha’ns o? we\\-Foundec\ness amcx m‘m'\mu\ e\emen}:}
(BS:: S%¢ =
(Ex: xeS A (Ebzboc-u b€5)))
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={\'Jrec:\ica\-e co.\tu\us,ae Mor‘son mn Po.r)r'ncu\o.r}
(AS: S=¢ =
(Ax:nxeS v (E :3<x: beS)))
={renam'm ‘H"le durnm:) WR'\\ (0) and (‘\)S
(&'P:: (_x::’Px) =
(&x:: Yx Vv <E3 5<X'. ‘\’Pb)))
={de€m1\"\cn o? hnon-'emo}'lco\ ‘\nduc\‘\cms

H
“ m&%em\;l(‘ﬂ\ 'mduc\"lcn\ ovey C s VQ\'\A )

(End o? /Proo?.B

Theorem 1 C s we“-?mnéecl "= (Ex:: Q x) s
Lohere Q is c\egnecl GS '\%e s§rcmjes)f Solu\';cm

G Q:Ax: Qx v (EU‘ b<x:—\Q33)

Nole. TThe obove Q@ is usua“:) 'm)rer‘ore)red oS
Qx = ”eac\'\ c\escen&‘ms c\-\o\'m s\‘or\ina wi\-\'\ R

1S o? ?}ni)re \ens\-\-\ "
“The ?o“ow'm roo{) c;\oes not &"Pm\ ‘\o 'H'\is
'm)rerPrve\-o.\'n?n.F( End o(? NoYe.)

’Pr‘cmg /\?ewrﬂins (2d as

Q:(E\_'X'.: (Bb \:)<>“- Qb) % Q X)

ond recosn'\z‘mﬁ H\o.\ -\3ne. om\ec:ec\en} IS & mono-~
Yonic @Anc\"lc:n O? Q, we C.c,rnc\uc\e. ~ Xnasher-

TO\T‘S\G- '\-hc\\r €)) \’TGS & S\'ronses\ Sc;\u*lon.

“C e wel-founded )
=> { Theorem ©
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(Bx:: Qx) E(%x‘-: Q x v(_E_:j:l3<x-. 1 Qb))
..-.{Q 15 o SQ\uhon o? (S)S
(Ax: Q x ) :

“C is not well- Founded '

= {de?'m';\"son o? wc\-(?oundec\ness,('l}', ?or sume SE
S+@ A (Rx:xeS V(_E_':j:3<x: eS))

= {for P,as defined by (), and (1) |
ﬂ(ax::'Px) N (Bx:: ’ax v (Eb‘ Y <x: ‘1’—\-953)

= {C‘S)} -
“I(F_\_X::’Px3 A~ ‘P sdves (3"

%{Q s the s}rchﬁes\' sdution o? (3)'8

1(Ax: Qx)
(End o() /Proo())

“The dbove Proo? was desiﬁnec\ n the presence
o? WM Turski ond here recarded under super-

vision o? Q.J.V\.vm\ Sass-eren.
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